1. Introduction. This paper concerns itself with certain rings of meromorphic functions on noncompact Riemann surfaces. Let Ö denote a noncompact Riemann surface. We denote by A the collection of all mappings of Q into the complex plane C which are analytic on Q. Also, we denote by M the collection of all mappings of ti into the Riemann sphere 2 which are meromorphic on £2. As is well known, A is an integral domain under the operations of pointwise addition and multiplication, and M is the field of quotients of A. The rings considered here are those subrings of M which contain the ring A. Such subrings will be referred to as A-rings of M. In particular, A is itself an A -ring of Jkf, as is the field M.
rings of functions mermorphic on two noncompact Riemann surfaces are isomorphic, then the isomorphism in question is induced by a conformal or anticonformal equivalence between the two surfaces. This may be considered as a generalization of a theorem of Nakai [8] , who proved this for the case where the A -rings in question are just the rings of functions analytic on the two surfaces. The proof of this result again makes use of the valuation theory of M, especially the characterization of the noetherian valuation rings of M as given by Iss'sa [6] . However, the proof does not depend on the theorem of Nakai, as we derive it from a more general result (Theorem 13) concerning isomorphisms between fields of meromorphic functions. In particular, we obtain the field isomorphism theorem of Iss'sa [6] without the use of the Nakai theorem. Our study of the A -rings of M is based on the following three theorems, and especially on the third. 
THEOREM 7. Let B be an A-ring of Mand let P be a maximal ideal of B. Then the intersection of any collection of prime (resp % primary) ideals of B contained in P is again a prime (resp. primary) ideal of B.
Since these theorems are all known to be valid for A itself [2] , they may be considered as generalizations of the ideal theory of A. One may also obtain a number of results on the valuation rings of M which contain A by the use of our characterization of A -rings. For example, using some results [2] , [5] on the prime ideals of A, we have the following. THEOREM 
8, Let Rbea nontrivial valuation ring of M which contains A. Then the following are equivalent: (1) B is a noetherian ring. (2) B is a valuation ring of rank one. (3) B is a valuation ring of finite rank. (4) B is a maximal subring of M. (5) There exists a point aÇzQ such that B » {ƒ G M: f (a) 5^00}.
Of particular interest are those A -rings of M consisting of all functions in M having no poles on a given subset of Q. DEFINITION 2 . Given E CÖ, we define A{E) = {fGM: f (a) 7* 00,
aGE}.
Evidently -4(E) is the collection of functions f G M which are analytic at each point of E, so A(E) is an A -ring of M. With suitable restrictions on the set E, the ring A (E) must satisfy some very strong conditions. (1) <l> is analytic and 0f=fo<f> for all ƒ G Mi, (2) <f> is conjugate-analytic and 6f = (ƒ o <£)* for all ƒ E Mi.
Now if Q is a noncompact Riemann surface, and if B is an A -ring of M, then M is the field of quotients of B. Hence Theorem 13 may be applied to ring isomorphisms between A -rings on noncompact Riemann surfaces. It results that a noncompact Riemann surface Q is uniquely determined to within a conformai or an anti-conformal equivalence by the algebraic structure of any of the A -rings of M.
